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Exploring of Homotopy Perturbation Method (HPM) for Solving
Spread of COVID-19

Hamidah Nasution1,∗, Mulyono2, Nurul Maulida Surbakti3, and Ruth Salisa BR Sihaholo4

1,2,3,4Department of Mathematics, State University of Medan, Medan 20221, Indonesia

ABSTRACT. This article discusses the solution to the non-linear differential equation system for the spread of COVID-
19 with SEIR (Susceptible, Exposed, Infected, Recovered) model using the Homotopy Perturbation Method. Specifically,
this article examines the impact of moving the recovered subpopulation back to the susceptible subpopulation on the
spread of COVID-19 in the city of Medan. The data used is real data for the city of Medan in 2021. The results of
constructing a model for the spread of COVID-19 were analyzed to obtain a disease-free critical point. By using the
Next Generation Matrix method, the Basic Reproduction numberR0 = 4.61 is obtained, this indicates that COVID-19
is still possible to spread in Medan City. Simulations using the Homotopy Perturbation Method numerical approach
and the results compared with the Runge Kutte Order 4 method show results that accurately describe the dynamics
of the spread of COVID-19 in Medan City. The very small error indicates that the Homotopy Perturbation Method is
very suitable for use in solving non-linear differential equation systems, especially in the SEIRS model of the spread of
COVID-19. The simulation results show that the impact of the movement of recovered sub-populations to susceptible
sub-populations results in accelerated transmission of COVID-19. The greater the number of movements higher the
rate of spread of COVID-19.

This article is an open access article distributed under the terms and conditions of the Creative Commons
Attribution-NonComercial 4.0 International License. Editorial of JJBM: Department of Mathematics, Uni-
versitas Negeri Gorontalo, Jln. Prof. Dr. Ing. B. J. Habibie, Bone Bolango 96554, Indonesia.

1. Introduction

At the end of 2019, the international community was
shocked by the emergence of the SARS-COV-2 virus, known as
COVID-19, which is an infectious virus that attacks anyone, in-
cluding babies, children, and adults. This virus spread rapidly
throughout the world, so the World Health Organization (WHO)
established COVID-19 as a global pandemic on March 8, 2020 [1].
How the COVID-19 spread system can be represented in mathe-
matical modeling [2–5].

Mathematical modeling is one way of describing a real
phenomenon or system using mathematical language. Through
mathematical models, complex problems can be described more
simply and easily understood. Mathematical modeling can also
be used to analyze and predict system behavior through the
use of mathematical concepts, principles, and and equations [6].
Mathematical modeling helps us predict the best way to control
disease by taking into account how the disease spreads [7, 8].
Through the analysis of mathematical models, we can describe
the dynamics of disease spread, determine critical points, test
stability, determine the basic reproductive number (Ro), and ex-
amine the parameters that are most influential in the spread of
disease. Many researchers use mathematical modeling to study
the spread of infectious diseases. [9–14].

In general, in a system of non-linear differential equations,
the analytic solution is difficult to find; therefore, a numerical
approach is very appropriate to use to produce a solution. A nu-
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merical approach is a technique used to formulate mathematical
problems so that they can be solved by ordinary arithmetic cal-
culation operations or counting by using numbers [15]. The Ho-
motopy Perturbation Method (HPM) is one of the various semi-
analytical methods that serves to find solutions to various lin-
ear and nonlinear differential equations and linear and non-linear
partial differential equations [16]. The result of the method is in
the form of an infinite series [17]. The advantage of this method
compared to other analytical methods is that HPM is a series ex-
pansion method that provides convergent series solutions, and
the perturbation equation is easy to construct [18]. The Homo-
topy Perturbation Method (HPM), with the properties of accuracy
and accuracy in determining exact solutions, is very suitable to
be applied to modeling the spread of infectious diseases [19].

Some previous researchers have applied the Homotopy Per-
turbation Method (HPM) to infectious disease-spread problems,
including: The analysis of the homotopy perturbation method
(HPM) and its application for solving infectious disease models
[19] discusses HPM as an effective approach to overcoming math-
ematical models that are difficult to solve analytically. The homo-
topy perturbation method for solving the SIR infectious disease
model by incorporating vaccination discusses analytical solutions
with HPM in the SIR model showing disease extinction within a
certain period of time [20]. In Ayoade’s research using the Homo-
topy Perturbation method on the dynamics of the spread of the
mumps disease SIR model, the results confirm that HPM is able
to solve the epidemic model [21].

This article discusses the spread of the COVID-19 SEIR
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model (Susceptible, Exposed, Infected, Recovered). By using real
data for Medan City in 2021. In this study, a modified SEIR
mathematical model was constructed by involving the param-
eter of moving the recovered sub-population back to the sus-
ceptible sub-population. The dynamic model is analyzed to see
the dynamics of the spread of COVID-19 and how much impact
the return of the cured sub-population to the susceptible sub-
population has on the spread of COVID-19 in Medan City. The
parameter values used in the simulation of the spread of COVID-
19 refer to the mathematical model that has been studied by [22],
and some parameter values used refer to previous researchers.
Calculations and simulations were carried out with Matlab and
Maple software, applying the homotopy perturbation method
and the 4th-order Runge Kutta method.This article is divided into
six sections. The first section reveals the background. Section
two explains the theory of the Homotopy Perturbation Method
and SEIR Model; section three discusses the process of analyzing
the SEIRmodel and constructing the numerical scheme of the Ho-
motopy Perturbation Method; section four, simulation and dis-
cussion; section five, conclusion; and acknowledgments in sec-
tion six, submitted to Medan State University as the funder of
this research.

This article is divided into six sections. The first section
reveals the background. Section two explains the theory of the
Homotopy Perturbation Method and SEIR Model; section three
discusses the process of analyzing the SEIR model and construct-
ing the numerical scheme of the Homotopy PerturbationMethod;
section four, simulation and discussion; section five, conclusion;
and acknowledgement in section six, submitted to Medan State
University as the funder of this research.

2. Homotopy Perturbation Method and Mathematical SEIR
Model
2.1. Homotopy

Homotopy in mathematics is an approach used to classify
geometric regions based on the different types of paths that can
be formed within those regions. When two continuous functions
can be continuously transformed into each other while maintain-
ing the stability of their endpoints and remaining within the spec-
ified region, this is known as a homotopy between the two func-
tions.

Consider X and Y as topological spaces, and f and g as
continuous maps fromX to Y . A homotopy between f and g is a
continuous function F : X × [0, 1] → Y that satisfies F (x, 0) =
f(x) and F (x, 1) = g(x) for all x in X . If such a homotopy
exists, we say that f is homotopic to g, denoted as f ≈ g. If f is
homotopic to a constant map, denoted as f ≈ consty, where y
is an element in Y , then we say that f is nullhomotopic.

2.2. Homotopy Perturbation Method

The Homotopy Perturbation Method is an analytical tech-
nique used to solve both linear and nonlinear differential equa-
tions. It utilizes the concept of homotopy from topology to gen-
erate a series solution that converges and transforms the non-
linearities present in the system of differential equations into a
homotopy-Maclaurin series. This method employs a power series
expansion, which effectively converts the nonlinear terms into
a sequence of linear equations. By employing the homotopy-

Maclaurin series, the Homotopy Perturbation Method enables
the handling of the system’s nonlinearities. When two contin-
uous functions transition from one topological space to another
and one transforms into the other, it is considered to be homo-
topic.

In accordance with [23], the homotopy perturbation tech-
nique involves introducing a parameter p, known as the homo-
topy parameter, which ranges from 0 to 1. As we begin the cal-
culations, at p = 0, the system of equations simplifies to a basic
form, resulting in a straightforward solution. As p increases to-
wards 1, the system undergoes deformation, and the solutions
mimic the progressive stages of deformation. At p = 1, the sys-
tem assumes its unique equation form, and in the final stage of
deformation, the desired solution to the system of equations is
obtained. An important characteristic of the HPM is that typically
only a few perturbation terms are needed to achieve an accurate
solution.

Let’s consider the following functions:

A(u)− f(r) = 0 where r ∈ Φ. (1)

Subject to boundary conditions:

B

(
u,

∂u

∂n

)
= 0 with r ∈ D.

Here, we haveA,B, f(r), andD representing a general dif-
ferential operator, a boundary operator, a known analytic func-
tion, and a boundary of the domain (Φ), respectively. The opera-
torA is further divided into two components: the linear part (L)
and the nonlinear part (N). With this information, eq. (1) can be
written as follows:

L(u) +N(u)− f(r) = 0.

By using the homotopy technique, proposed by [24], we con-
struct a homotopy: (r, p) : Φ× [0, 1] → R which satisfies:

K(v, p) = (1−p)[L(v)−L(v0)]+p[L(v)+N(v)−f(r)] = 0 (2)

and

K(v, p) = L(v)− L(u0) + pL(u0) + p[N(v)− f(r)] = 0. (3)

Here, u0 is an initial approximation of eq. (3) which satisfies the
given conditions. Thus:
• At p = 0 then

K(v, 0) = L(v)− L(u0).

• And at p = 1

K(v, 1) = A(v)− f(r) = 0.

As the parameter p changes from 0 to 1 then (r, p changes from
u0(r) to r this is called deformation in topology, and L(v) −
L(u0) andA(v)−f(r) are homotopic to each other. As p ∈ [0, 1]
is a small parameter, consider the solution of eq. (2) as a power
series in p as indicated as:

v = v0 + pv1 + p2v2 + · · · . (4)

The solution of eq. (1) can also be obtained approximately as:

u = lim
p>1

v = v0 + pv1 + p2v2 + · · · .

Which represents the convergent series solution.

JJBM | Jambura J. Biomath Volume 4 | Issue 2 | December 2023
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Figure 1. A Schematic Representation of SEIR Model

2.3. SEIR Model
The compartment model shown in Figure 1 is used to

formulate a system of nonlinear differential equations, which
is then incorporated into the Homotopy Perturbation Method.
The obtained equations are subsequently solved to find analyt-
ical solutions for each compartment. In this research, a four-
compartmental model is developed to study the dynamics of di-
arrhea transmission using ordinary differential equations [25].

Let N denote the total population of a specific region, the
total population at a given time t can be expressed as:

From Figure 1, it can be classified that the Susceptible (S)
population indicates that the presence of individuals in the hu-
man population who can contract the disease. The Susceptible
population increases due to the population recruitment rate ε ,
and the population decreases because of Susceptible individuals
who become infected with COVID-19 through effective contact
with already infected individuals, where β is the infective contact
rate. The population also increases due to individuals who re-
cover after treatment, where σ is rate of movement of recovered
sub populations to susceptible sub populations. However, the
number of Susceptible individuals decreases due to natural death
at the rate µ and formulated as:

dS

dt
= εN − (βI + µ)S + σR.

The Exposed individuals (E) are carriers of the virus but
cannot infect Susceptible individuals. The population grows due
to new infections from susceptible individuals who contract diar-
rhea through effective contact with people infected with COVID-
19, where β represents the effective contact rate. The population
declines due to the natural death rate µ and the transition from
the exposed class to the infected class at the rate θ and formulated:

dE

dt
= βSI − (θ + µ)E.

An infected individual (I) is defined as any person who has
the pathogen and exhibits disease symptoms. This population is
supplied by the exposed population, which becomes symptomatic
at an infective rate θ. However, the infected population is reduced
by the natural death rate θ, disease-induced death rateδ, and the
treatment rate of infected individuals γ and formulated :

dI

dt
= θE − (γ + δ)I.

The Recovered individuals (R) are those who have recovered
from the disease. Here, immunity is not permanent. The Recov-
ered compartment is influenced by the treatment rate of infected

individuals, denoted by τ . Additionally, the population in this
compartment also experiences a decline due to the natural death
rate µ and the σ treatment waves and formulated :

dR

dt
= γI − (τ + µ)R.

The SEIR system dynamic model in Figure 1 can be written
as follows :

dS

dt
= εN − (βI + µ)S + σR,

dE

dt
= βSI − (θ + µ)E,

dI

dt
= θE − (γ + δ)I,

dR

dt
= γI − (σ + µ)R.

(5)

Where N(t) = S(t) +E(t) + I(t) +R(t) and SEIR model
can be simplified by assuming: S

N = S; E
N = e; I

N = i; R
N = r,

so eq. (5) can be written:

ds

dt
= ε− (βi+ µ)s+ σr,

de

dt
= βsi− (θ + µ)e,

di

dt
= θe− (γ + δ)i,

dr

dt
= γi− (σ + µ)r.

(6)

And the initial conditions or approximation are as follows;
S0(0) = s0;E0(0) = e0; I0(0) = i0;R0(0) = r0.

Table 1 is a table of parameters, variables, and sources used
in the SEIR model, based on real data for Medan City and refer-
ences to previous articles and assumptions. Real data for Medan
City refers to [26] with details of the total population of Medan
City as of 2021 of 2, 460, 858 people. The number of COVID-19
cases was 49,416; the number of recoveries was 48, 436,the num-
ber of deaths due to COVID-19 is 965 people. So it was obtained
that for the suspect subpopulation (s) = 0.9289920, infected
(i) = 0.0200808, the recovered (r) = 0.0196820.

3. MATHEMATICAL RESULTS
3.1. Reproduction Number Ratio (R0)

The Reproduction Number Ratio (R0) is a number that ex-
presses the average number of infected individuals due to an
infection that will infect other individuals [27]. By construct-
ing the Next Generation Matrix from the infected sub-system
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Table 1. Definition of Variables and Model Parameters

Variable/Parameter Description Mark Source
s Total Susceptible sub population 0.9289920 [26]
e Total exposed subpopulation size 0.0304790 Asumtion
i Total infected subpopulation 0.0200808 [26]
r Subpopulation Recovered 0.0196820 [26]
ε Birth Rate 0.0004600 [26]
β The exposed Rate [0-1] Asumtion
θ The infected rate [0-1] Asumtion
µ Natural death rate 0.000460 [26]
δ COVID-19 death rate 0.000054 [26]
γ Recover rate 0.086 [26]

σ
The rate at which recovered individuals
move to susceptible

[0-1] Asumtion

equation, R0 can be obtained. Before calculating (R0), first de-
termine the disease-free equilibrium point of eq. (2). Assume
ds
dt = de

dt = di
dt = dr

dt = 0, then the disease-free equilibrium
point is obtained:

ε− (βi+ µ)S + σr = 0

βsi− (θ + µ)e = 0

θe− (γ + δ)i = 0

γi− (σ + µ)r = 0

(7)

The disease-free equilibrium point states the condition that
there are no infected individuals in the population (i = 0). From
the eq. (7) obtained: s = ε

µ ; e = 0; i = 0 and r = 0 so that the
disease-free equilibrium point is:

E0 = (s, e, i, r) =

(
ε

µ
, 0, 0, 0

)
.

Next, to construct the reproduction number ratio (R0) where :

R0 = ρ(FV −1),

with the Next GeneterationMatrix method from the infected sub-
system equation in eq. (6), namely: de

dt = βsi − (θ + µ)e and
di
dt = θe− (γ + δ)i obtained:

T = (βsi, 0) and − Σ = ((θ + µ)e,−θe + (γ + δ)i),

F = JT =

0 βs

0 0

 and V = JΣ

θ + µ 0

−θ γ + δ

 ,

V −1 = 1
(θ+µ)(γ+δ)

θ + µ 0

−θ γ + δ

 ,

R0 = ρ(FV −1) = ρ

θ + µ 0

−θ γ + δ

 1
(θ+µ)(γ+δ)

θ + µ 0

−θ γ + δ

 .

Results obtained:

R0 =
βεθ

µ(θ + µ)(γ + δ)

3.2. Application of the Homotopy Perturbation Method to the
Compartmental Disease SEIR Model

The Homotopy Perturbation Method is utilized to find the
approximate solution for eq. (6) employing the homotopy con-
structor equation.

K(v, p) = (1− p)[L(v)− L(v0)] + p[L(v) +N(v)− f(r)] = 0

The procedure to derive the analytical or approximate solution
of the model begins with the assumption of the Homotopy Per-
turbation Method in eq. (4), relying on this assumption

s(t) = so + ps1 + p2s2 + · · · ,
e(t) = eo + pe1 + p2e2 + · · · ,
i(t) = io + pi1 + p2i2 + · · · ,
r(t) = ro + pr1 + p2r2 + · · · .

(8)

Having the initial conditions specified as s1(0) = 0, e1(0) =
0, i1(0) = 0, r1(0) = 0; ∀i = 1, 2, 3, · · · then substitution one
by one of eq. (6) to eq. (7), we find:

(1− p)

(
ds

dt
− ds0

dt

)
+ p

(
ds

dt
− (ε+ σr) + (βi+ µ)s

)
= 0,

(1− p)

(
de

dt
− de0

dt

)
+ p

(
de

dt
− βis+ (θ + µ)e

)
= 0,

(1− p)
(
di
dt

− di0
dt

)
+ p

(
di

dt
− θe+ (γ + δ)i

)
= 0,

(1− p)

(
dr

dt
− dr0

dt

)
+ p

(
dr

dt
− γi+ (σ + µ)r

)
= 0.

(9)
p ∈ [0, 1] is a parameter and s0, e0, i0, and r0 are the initial ap-
proach values of the system solution. If eq. (8) is subtitled to
eq. (9).

(1− p)

[
ds0
dt

+ p
ds1
dt

+ p2
ds2
dt

+ · · · − ds0
dt

]
+ p

[
ds0
dt

+ p
ds1
dt

+p2
ds2
dt

+ · · · − ε− σ(r0 + pr1 + p2r2 + · · · ) + β(i0 + pi+ p2i2

+ · · · )(s0 + ps1 + p2s2 + · · · ) + µ(s0 + ps1 + p2s2 + · · · )
]
= 0,

(10)
eq. (10) can be written:

0 =

(
ds0

dt
− ds0

dt

)
p0 +

(
ds1

dt
+

ds0

dt
− ε+ βs0i0 + µs0 − σr0

)
p1

+

(
ds2

dt
+ β(s0i1 + s1i0) + µs1 − σr1

)
p2 +

(
ds3

dt
+ β(s0i2

+s1i1 + s2i0) + µs2 − σr2

)
p3 +

(
ds4

dt
+ β(s0i3 + s1i2 + s2i1

+s3i0) + µs3 − σr3

)
p4 + · · · ,

0 = (1− p)

[
de0
dt

+ p
de1

dt
+ p2

de2

dt
+ · · · −

de0

dt

]
+ p

[
de0

dt
+ p

de1

dt

+p2
de2

dt
+ p3

de3

dt
+ · · · − β(s0 + ps1 + p2s2 + p3s3 + · · · )(i0

+pi1 + p2i2 + p3i3 + · · · ) + (θ + µ)(e0 + pe1 + p2e2 + p3e3

+ · · · )
]
.
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Or:

0 =

(
de0

dt
−

de0

dt

)
p0 +

(
de1

dt
+

de0

dt
− βs0i0 + (θ + µ)e0

)
p1

+

(
de2

dt
− β(s0i1 + s1i0) + (θ + µ)e1

)
p2 +

(
de3

dt
− β(s0i2

+s1i1 + s2i0) + (θ + µ)e1

)
p3 +

(
dS4

dt
− β(s0i3 + s1i2 + s2i1

+s3i0) + (θ + µ)e3

)
p4 · · · ,

0 = (1− P )

[
di0

dt
+ p

di1

dt
+ p2

di2

dt
+ · · · −

di0

dt

]
+ p

[
di0

dt
+ p

di1

dt

+p2
di2

dt
+ p3

di3

dt
+ · · · − θ

(
e0 + pe1 + p2e2 + p3e3 + · · ·

)
+(γ + δ)(i0 + pi1 + p2i2 + p3i3+···)

]
.

Or

0 =

(
di0
dt

− di0
dt

)
p0 +

(
di1
dt

+
di

dt
− θe0 + (γ + δ)i0

)
p1

+

(
di2
dt

− θe1 + (γ + δ)i1

)
p2 +

(
di3
dt

− θe2

+(γ + δ)i2

)
p3 +

(
di4
dt

− θe3 + (γ + δ)i3

)
p4 + · · · .

Or

0 =

(
dr0
dt

− dr0
dt

)
p0 +

(
dr1
dt

− dr0
dt

− γi0 + (µ+ σ)r0

)
p1

+

(
dr2
dt

+ (µ+ σ)r1

)
p2 +

(
dr3
dt

+ (µ+ σ)r2

)
p3

+

(
dr4
dt

+ (µ+ σ)r3

)
p4 + · · · .

The order p1 gives the equation:

ds1
dt

+
ds0
dt

− ε+ βs0i0 + µs0 − σr0 = 0,

de1
dt

+
de0
dt

− βs0i0 + (θ + µ)e0 = 0,

di1
dt

+
di0
dt

− θe0 + (γ + δ)i0 = 0,

dr1
dt

+
dr0
dt

− γi0 + (µ+ σ)r0 = 0,

with the initial condition s1(0) = 0, e1(0) = 0, i1(0) = 0 and
r1(0) = 0.
The order p2 gives the equation:

ds2
dt

+ β(s0i1 + s1i0) + µs1 − σr1 = 0,

de2
dt

− β(s0i1 + s1i0) + (θ + µ)e1 = 0,

di2
dt

− θe1 + (γ + δ)i1 = 0,

dr2
dt

− γi1 + (µ+ σ)r1 = 0,

with the initial condition s2(0) = 0, e2(0) = 0, i2(0) = 0 and
r2(0) = 0.
The order p3 gives the equation:

ds3
dt

+ β(s0i2 + s1i1 + s2i0) + µs2 − σr2 = 0,

de3
dt

− β(s0i2 + s1i1 + s2i0) + (θ + µ)e2 = 0,

di3
dt

− θe2 + (γ + δ)i2 = 0,

dr3
dt

− γi2 + (µ+ σ)r2 = 0,

with the initial condition s3(0) = 0, e3(0) = 0, i3(0) = 0 and
r3(0) = 0.
The order p4 gives the equation:

ds4
dt

+ β(s0i3 + s1i2 + s2i1 + s3i0) + µs3 − σr3 = 0,

de4
dt

− β(s0i3 + s1i2 + s2i1 + s3i0) + (θ + µ)e3 = 0,

di4
dt

− θe3 + (γ + δ)i3 = 0,

dr4
dt

− γi3 + (µ+ σ)r3 = 0,

with the initial condition s4(0) = 0, e4(0) = 0, i4(0) = 0 and
r4(0) = 0.
In the same way, a system of differential equations for the next
order can be obtained. In this section the system is obtained
to order p5, For initial values and parameter values, the val-
ues used refer to Table 1, with s(0) = 0.9289920, e(0) =
e(0) = 0.0304790, i(0) = 0.0200808, r(0) = 0.0196820, µ =
0.00046, ε = 0.00046, δ = 0.000054, β = 0, 2, θ = 0.02, γ =
0.026, σ = 0.1.

To approximate the solution, time will be obtained, so that by
using the initial values and parameter values above, a numerical
schemewill be obtained which is an approximate solution in each
order starting from the following order ρ → 1, ρ2, ρ3, · · · ,ρ2 as
follows:
• order ρ2:

s(t) = 0, 9289920− 0.0000506836538t− 0.001238392250t2,

e(t) = 0, 0304790− 0.0000506836538t− 0.001238392250t2,

i(t) = 0, 0200808 + 0.0037788374t− 0.0004760264314t2,

r(t) = 0, 0196820− 0.00000127074t+ 0.0001870527436t2.

In the same way it is obtained ρ3

• order ρ4:

s(t) = 00, 9289920− 0.0000506836538t− 0.001238392250t2

+0.0001042725438t3 − 0.00001160448639t4,

e(t) = 0, 0304790− 0.003732231486t+ 0.001444535053t2

−0.0001572704377t3 + 0.00001593551819t4,

i(t) = 0.0200808 + 0.0037788374t− 0.0004760264314t2

+0.00007570448116t3 − 0.000007037050074t4,

r(t) = 0, 0196820− 0.00000127074t+ 0.0001870527436t2

−0.00001573755366t3 + 0.000001875495728t4.

• order ρ5:

s(t) = 0, 9289920− 0.0000506836538t− 0.001238392250t2

+0.0001042725438t3 − 0.00001160448639t4

+0.0000007865847958t5,

e(t) = 0, 0304790− 0.003732231486t+ 0.001444535053t2

−0.0001572704377t3 + 0.00001593551819t4

−0.000001137564652t5,

i(t) = 0, 0200808 + 0.0037788374t− 0.0004760264314t2

+0.00007570448116t3 − 0.000007037050074t4

+0.0000005522632554t5,

r(t) = 0, 0196820− 0.00000127074t+ 0.0001870527436t2

−0.00001573755366t3 + 0.000001875495728t4

−0.0000001395061371t5.
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3.3. Simulation
Below is a simulation using the HPM up to order 5, the

simulation results are in the form of graphs compared with the
Runge Kutta 4th order (RK 4th). The variables and parameters
used are in accordance with the real data for the city of Medan
which is displayed in Table 1. From the calculations, the value
R0 = 4.61 or R0 > 1, the value indicates that COVID-19 in the
city of Medan is still endemic or not yet extinct, there is still a pos-
sibility that it will spread again. The following simulation takes
the value σ = 0.1 , the following is a graphic image of the results
of numerical simulations using the HPM and RK 4 approaches for
R0 > 1.

Figure 2. The Susceptibility of COVID-19 Spread

Figure 3. The Exposed of COVID-19 Spread

The plot in Figure 2 is a plot of the susceptible subpopula-
tion (s), which is plotted using RK 4th and the HPM approxima-
tion solution. The result is that the population decreases as the
Susceptable subpopulationmoves to the Exposed subpopulation.
The figure shows that the HPMmethod has a longer time to reach
stability than using the RK 4th method. For the HPMmethod, the
stability for the Susceptable subpopulation is at a point t > 40
.While for the RK 4th stability point at t > 20. In Figure 3 is a plot
of the Exposed subpopulation (e), the results obtained are that
the subpopulation an increase from and decreases as it moves
to the subpopulation infected and stable values towards zero,
the behavior of the HPM and RK 4th method solutions is almost
the same, the difference is that the HPM method has a longer

Figure 4. The Infection of COVID-19 Spread

Figure 5. The Recovered of COVID-19 Spread

time to reach stability compared to the RK 4th method. In Fig-
ure 4 is a plot of the infected subpopulation (i), in the dynamics
of the spread of disease the infected subpopulation is of concern
specifically, because in the infected subpopulation, each infected
individual can infect other healthy individuals. The simulations
using the HPM and RK 4th methods show that the largest num-
ber of infected cases is at 10 < t < 15, the number of subpop-
ulations infected with HPM is less than with the RK 4th method
and the spread of COVID-19 in Medan City takes longer to reach
stability and It also takes a longer time for the disease to disap-
pear or be destroyed. The time required for the HPM method
until COVID-19 is destroyed is t ≥ 60 while the RK 4th method is
t > 40. In Figure 5, the dynamics of the recovered subpopulation
can be seen that HPM can approach the solution from the RK 4th
method, the recovery pattern in the HPM method is almost the
same as the recovery pattern in the RK 4 method. And the time
needed to reach stability is also almost the same.

From the simulation obtained, it can be obtained that Ho-
motopy Pertubation Method (HPM) can be used to solve systems
of nonlinear differential equations. This can be seen from the
simulation where the HPM results graph is close to the numerical
simulation using RK 4th. Furthermore, in the simulation above it
can also be seen that the higher the order used, the better the
results obtained. As in the simulation where the 5th order is very
close to the numerical solution. Apart from that, it was also found
that the higher the time, the higher order HPM approximation is
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required.
Following shown is a simulation of the effect of moving the

recovered subpopulation to the susceptible subpopulation on the
dynamics of the spread of COVID-19 in Medan City with parame-
ter variations σ = 0, 0.01, 0.1 dan 0.5

Figure 6. The Susceptibility of COVID-19 Spread with varia-
tion sigma

Figure 7. The Exposed of COVID-19 Spread with variation
sigma

Figure 8. The Infected of COVID-19 Spread with variation
sigma

The plot in Figure 6 is a susceptable subpopulation plot
with sigma variations. The results show that the displacement
rate value sigma (σ) = 0, the subpopulation decreases and is

Figure 9. The Recovered of COVID-19 Spread with variation
sigma

constant towards zero. For the σ = 0.01, the subpopulation is
susceptible to decline, the value is above zero, which is greater
than σ = 0 . And the greater the sigma value, there is a ten-
dency for the susceptible subpopulation to decrease further away
from the zero value. The plot in Figure 6 is a plot of the exposed
subpopulation. The simulation results show that there is an influ-
ence on the rate of movement of the recovered subpopulation on
the exposed subpopulation. The graph in Figure 7 shows that the
rate of movement of the exposed subpopulation initially shows
an increase and finally decreases and stabilizes towards zero. Fur-
thermore, if the displacement rate is increased, the dynamics of
the exposed subpopulation after the increase decreases until the
constant value moves away from zero. A larger value causes a
smaller decrease in the exposed subpopulation. The plot in Fig-
ure 8 is a plot of the infected subpopulation, the results show an
increase in the rate of movement of the recovered subpopulation
to the susceptible subpopulation resulting in an increase in the
infected subpopulation. The greater the value, the greater the
increase in the infected subpopulation. The plot in Figure 9 is a
recovered subpopulation plot, the results show that the greater
the rate of movement of recovered subpopulations to susceptible
subpopulations, the smaller the number of recovered subpopu-
lations, this is the opposite of other subpopulations. It can be
concluded that the rate of movement of the recovered subpopu-
lation to the suspect subpopulation has a negative effect on the
spread of COVID-19 in Medan City. The greater the number of
movements, the higher the rate of spread of COVID-19 in Medan
City. To reduce the rate of spread of COVID-19, the authorities
need to anticipate the movement of recovered subpopulations to
susceptible subpopulations.

4. Conclusion

The results of research using real data for the city of Medan
in 2021 obtained valuesR0 = 4.61 or R0 > 1 or indicates that
COVID-19 in the city of Medan is still endemic or not yet extinct.
The constructed mathematical model is analyzed and simulated
using Homotopy PertubationMethod (HPM) results are compared
with Runge Kutta RK 4th order (RK 4th). From the simulation it
can be obtained that the Homotopy Pertubation Method (HPM)
can be used to solve systems of nonlinear differential equations.
This can be seen from the simulation where the HPM results
graph is close to the numerical simulation using RK 4th. The re-
search results also show that there is a negative influence of the
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movement of recovered subpopulations to susceptible subpop-
ulations on the dynamics of the spread of COVID-19. The simu-
lation results show that the greater the number of movements,
the higher the spread of COVID-19 in Medan City. To reduce the
rate of spread of COVID-19, the authorities need to anticipate the
movement of recovered subpopulations to susceptible subpopu-
lations.

Author Contributions. Nasution, H.: Conseptualization and methodol-
ogy. Mulyono: Writing review and editing. Surbakti, N.M.: software
and formal analysis. Sihaholo, R.S.BR.: Data curation and project ad-
ministration.

Acknowledgement. The authors express their gratitude to Universitas
Negeri Medan for sponsoring this research through the Applied Research
program in 2023. The authors are also thankful to the editors and re-
viewers who have supported us in improving this manuscript.

Funding. This research was funded by BOPTN of Universitas Negeri
Medan and the Contrack Number: 0137/UN33.8/PPKM/PPT/2023.

Conflict of interest. The authors declare no conflict of interest.

Data availability. Not applicable.

References
[1] R. Ghostine, M. Gharamti, S. Hassrouny, and I. Hoteit, “An extended seir

model with vaccination for forecasting the covid-19 pandemic in saudi ara-
bia using an ensemble kalman filter,” Mathematics, vol. 9, no. 6, pp. 1–16,
2021. DOI:10.3390/math9060636

[2] M. J. Keeling and K. T. D. Eames, “Networks and epidemic models,” J. R. Soc.
Interface., vol. 2, no. 4, pp. 295–307, 2005. DOI:10.1098/rsif.2005.0051

[3] M. A. Rois, F. Fatmawati, and C. Alfiniyah, “Two isolation treatments on
the COVID-19 model and optimal control with public education,” Jam-
bura Journal of Biomathematics (JJBM), vol. 4, no. 1, pp. 88–94, 2023.
DOI:10.34312/jjbm.v4i1.19963

[4] N. Q. Putri, P. Sianturi, and H. Sumarno, “Sensitivity Analyses of The
Dynamics of Covid-19 Transmission in Response to Reinfection,” Jam-
bura Journal of Biomathematics (JJBM), vol. 4, no. 1, pp. 15–22, 2023.
DOI:10.34312/jjbm.v4i1.18394

[5] T. A. Ayoola, M. K. Kolawole, and A. O. Popoola, “Effects of acceptance
of enlightenment on COVID-19 transmission using homotopy perturbation
method,” Jambura Journal of Biomathematics (JJBM), vol. 3, no. 2, pp. 39–48,
2022. DOI:10.34312/jjbm.v3i2.15798

[6] A. R. Ghotbi, A. Barari, M. Omidvar, and G. Domairry, “Application of homo-
topy perturbation and variational iteration methods to sir epidemic model,”
Journal of Mechanics in Medicine and Biology, vol. 11, no. 1, pp. 149–161, 2011.
DOI:10.1142/S0219519410003836

[7] H. Nasution, P.Sitompul, and L.Sinaga, “Effect of the Vaccine on the Dynam-
ics of Speread of Tuberculosis SIRModels,” IOP Conf. Series, Journal of Physics,
vol. 1819, no. 1, p. 1819, 2021. DOI:10.1088/1742-6596/1819/1/012062

[8] H. Nasution and M. Sinaga, “Mathematical Model Susceptible, Infected and
Recovered with Therapy of Tuberculosis Transmission,” IOP Conf. Series,
Journal of Physics, vol. 1462, no. 1, p. 012056, 2020. DOI:10.1088/1742-
6596/1462/1/012056

[9] P. van den Driessche, “Reproduction numbers of infectious disease mod-
els,” Infectious Disease Modelling, vol. 2, no. 3, pp. 288–303, 2017.

DOI:10.1016/j.idm.2017.06.002
[10] R. Resmawan, A. Nuha, and L. Yahya, “Analisis dinamik model transmisi

covid-19 dengan melibatkan intervensi karantina,” Jambura Journal of Math-
ematics, vol. 3, no. 1, pp. 66–79, 2021. DOI:10.34312/jjom.v3i1.8699

[11] M. Osman, I. Kwasi Adu, and C. Yang, “A simple seir mathematical model of
malaria transmission,” Asian Research Journal of Mathematics, vol. 7, no. 3, pp.
1–22, 2017. DOI:10.9734/ARJOM/2017/37471

[12] R. Rustan and L. Handayani, “The outbreak’s modeling of coronavirus (covid-
19) using the modified seir model in indonesia,” Spektra: Jurnal Fisika dan
Aplikasinya, vol. 5, no. 1, pp. 61–68, 2020. DOI:10.21009/SPEKTRA.051.07

[13] H. Nasution, R. E. Jusuf, H. and, and I. Husein, “Model of spread of infectious
diseases,” Systematic Reviews in Pharmacy, vol. 11, no. 2, pp. 685–689, 2020.
DOI:10.5530/srp.2019.2.04

[14] A. F. D. Hubu, N. Achmad, and N. Nurwan, “Model matematika SMEIUR
pada penyebaran penyakit campak dengan faktor pengobatan,” Jam-
bura Journal of Biomathematics (JJBM), vol. 1, no. 2, pp. 71–80, 2020.
DOI:10.34312/jjbm.v1i2.7970

[15] R. Vulandari, Metode Numerik Teori, Kasus, dan Aplikasi, Mavendra Pers
Surabaya, 2021. ISBN 9786026059888

[16] H. Otoo, S. Takyi-Appiah, and A. Nsiah, “Analytical solution of the transmis-
sion dynamics of diarrhea using homotopy perturbation method,” European
Journal of Engineering and Technology Research, vol. 7, no. 6, pp. 161–168,
2022. DOI:10.24018/ejeng.2022.7.6.2943

[17] A. Hemeda, “Modified Homotopy Perturbation Method for Solving Frac-
tional Differential Equations,” Journal of Applied Mathematics, vol. 2014, pp.
1–9, 2014. DOI:10.1155/2014/594245

[18] S. Mayilvaganan and S. Balamuralitharan, “Analytical solutions of influenza
diseases model by hpm,” AIP Conference Proceedings, vol. 2112, p. 020008,
2019. DOI:10.1063/1.5112193

[19] A. Celestine, M. Shior, O. Olorunnishola, E. .G, and W. Obeng-Denteh, “Anal-
ysis of homotopy perturbation method (hpm) and its application for solving
infectious disease models,” International Journal of Mathematics and Statistics
Studies, vol. 9, no. 4, pp. 27–38, 2021. DOI:10.37745/ijmss.13

[20] O. Peter and A. Awoniran, “Homotopy perturbation method for solving sir
infectious disease model by incorporating vaccination,” The Pacific Journal of
Science and Technology, vol. 19, no. 1, pp. 133–140, 2018.

[21] A. A. Ayoade, O. J. Peter, A. I. Abioye, T. Adinum, and O. A. Uwaheren, “Ap-
plication of homotopy perturbation method to an sir mumps model,” Ad-
vances in Mathematics: Scientific Journal, vol. 9, no. 3, pp. 1329–1340, 2020.
DOI:10.37418/amsj.9.3.57

[22] R. Sihaloho and H. Nasution, “Dynamic analysis of seir model for covid-19
spread in medan,” Jambura Journal of Biomathematics (JJBM), vol. 3, no. 2, pp.
68–72, 2022. DOI:10.34312/jjbm.v3i2.16878

[23] J.-H. He, “Comparison of homotopy perturbation method and homotopy
analysis method,” Applied Mathematics and Computation, vol. 156, no. 2, pp.
527–539, 2004. DOI:10.1016/j.amc.2003.08.008

[24] J.-H. He, “Homotopy perturbation technique,” Computer Methods in Ap-
plied Mechanics and Engineering, vol. 178, no. 3–4, pp. 257–262, 1999.
DOI:10.1016/S0045-7825(99)00018-3

[25] E. Akinola, B. Awoyemi, I. Olopade, O. Falowo, and T. Akinwumi, “Math-
ematical analysis of a diarrhoea model in the presence of vaccination
and treatment waves with sensitivity analysis,” Journal of Applied Sciences
and Environmental Management, vol. 25, no. 7, pp. 1107–1114, 2021.
DOI:10.4314/jasem.v25i7.2

[26] B. P. S. Sumatra Utara, “Badan pusat statistik provinsi sumatera utara,”
https://sumut.bps.go.id/statictable/2022/03/25/2763/
kasus-kumulatif-COVID-19-menurut-kabupaten-kota-2021.
html. Accessed on 15 June 2022.

[27] M. R. A. Chaudhry, Coronavirus infection outbreak. Elsevier, 2022, pp. 47–-57.
ISBN 978-0-12-824409-8. DOI:10.1016/B978-0-12-824409-8.00009-6

JJBM | Jambura J. Biomath Volume 4 | Issue 2 | December 2023

https://www.mdpi.com/2227-7390/9/6/636
https://www.mdpi.com/2227-7390/9/6/636
https://www.mdpi.com/2227-7390/9/6/636
https://www.mdpi.com/2227-7390/9/6/636
https://royalsocietypublishing.org/doi/10.1098/rsif.2005.0051
https://royalsocietypublishing.org/doi/10.1098/rsif.2005.0051
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/19963
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/19963
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/19963
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/19963
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/18394
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/18394
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/18394
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/18394
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/15798
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/15798
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/15798
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/15798
https://www.worldscientific.com/doi/abs/10.1142/S0219519410003836
https://www.worldscientific.com/doi/abs/10.1142/S0219519410003836
https://www.worldscientific.com/doi/abs/10.1142/S0219519410003836
https://www.worldscientific.com/doi/abs/10.1142/S0219519410003836
https://iopscience.iop.org/article/10.1088/1742-6596/1819/1/012062
https://iopscience.iop.org/article/10.1088/1742-6596/1819/1/012062
https://iopscience.iop.org/article/10.1088/1742-6596/1819/1/012062
https://iopscience.iop.org/article/10.1088/1742-6596/1462/1/012056
https://iopscience.iop.org/article/10.1088/1742-6596/1462/1/012056
https://iopscience.iop.org/article/10.1088/1742-6596/1462/1/012056
https://iopscience.iop.org/article/10.1088/1742-6596/1462/1/012056
https://www.sciencedirect.com/science/article/pii/S2468042717300209
https://www.sciencedirect.com/science/article/pii/S2468042717300209
https://www.sciencedirect.com/science/article/pii/S2468042717300209
https://ejurnal.ung.ac.id/index.php/jjom/article/view/8699
https://ejurnal.ung.ac.id/index.php/jjom/article/view/8699
https://ejurnal.ung.ac.id/index.php/jjom/article/view/8699
https://journalarjom.com/index.php/ARJOM/article/view/66
https://journalarjom.com/index.php/ARJOM/article/view/66
https://journalarjom.com/index.php/ARJOM/article/view/66
https://journal.unj.ac.id/unj/index.php/spektra/article/view/14934
https://journal.unj.ac.id/unj/index.php/spektra/article/view/14934
https://journal.unj.ac.id/unj/index.php/spektra/article/view/14934
https://www.sysrevpharm.org/articles/model-of-spread-of-infectious-diseases.pdf
https://www.sysrevpharm.org/articles/model-of-spread-of-infectious-diseases.pdf
https://www.sysrevpharm.org/articles/model-of-spread-of-infectious-diseases.pdf
http://ejurnal.ung.ac.id/index.php/JJBM/article/view/7970
http://ejurnal.ung.ac.id/index.php/JJBM/article/view/7970
http://ejurnal.ung.ac.id/index.php/JJBM/article/view/7970
http://ejurnal.ung.ac.id/index.php/JJBM/article/view/7970
https://library.uicm.ac.id/index.php?p=show_detail&id=2479&keywords=
https://library.uicm.ac.id/index.php?p=show_detail&id=2479&keywords=
https://ej-eng.org/index.php/ejeng/article/view/2943
https://ej-eng.org/index.php/ejeng/article/view/2943
https://ej-eng.org/index.php/ejeng/article/view/2943
https://ej-eng.org/index.php/ejeng/article/view/2943
https://www.hindawi.com/journals/jam/2014/594245/
https://www.hindawi.com/journals/jam/2014/594245/
https://www.hindawi.com/journals/jam/2014/594245/
https://pubs.aip.org/aip/acp/article/2112/1/020008/1024094/Analytical-solutions-of-influenza-diseases-model
https://pubs.aip.org/aip/acp/article/2112/1/020008/1024094/Analytical-solutions-of-influenza-diseases-model
https://pubs.aip.org/aip/acp/article/2112/1/020008/1024094/Analytical-solutions-of-influenza-diseases-model
https://eajournals.org/ijmss/vol-9-issue-4-2021/analysis-of-homotopy-perturbation-method-hpm-and-its-application-for-solving-infectious-disease-models/
https://eajournals.org/ijmss/vol-9-issue-4-2021/analysis-of-homotopy-perturbation-method-hpm-and-its-application-for-solving-infectious-disease-models/
https://eajournals.org/ijmss/vol-9-issue-4-2021/analysis-of-homotopy-perturbation-method-hpm-and-its-application-for-solving-infectious-disease-models/
https://eajournals.org/ijmss/vol-9-issue-4-2021/analysis-of-homotopy-perturbation-method-hpm-and-its-application-for-solving-infectious-disease-models/
https://www.researchgate.net/publication/325426722_Homotopy_Perturbation_Method_for_Solving_SIR_Infectious_Disease_Model_by_Incorporating_Vaccination
https://www.researchgate.net/publication/325426722_Homotopy_Perturbation_Method_for_Solving_SIR_Infectious_Disease_Model_by_Incorporating_Vaccination
https://www.researchgate.net/publication/325426722_Homotopy_Perturbation_Method_for_Solving_SIR_Infectious_Disease_Model_by_Incorporating_Vaccination
https://www.research-publication.com/amsj/all-issues/vol-09/iss-03
https://www.research-publication.com/amsj/all-issues/vol-09/iss-03
https://www.research-publication.com/amsj/all-issues/vol-09/iss-03
https://www.research-publication.com/amsj/all-issues/vol-09/iss-03
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/16878
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/16878
https://ejurnal.ung.ac.id/index.php/JJBM/article/view/16878
https://linkinghub.elsevier.com/retrieve/pii/S0096300303008762
https://linkinghub.elsevier.com/retrieve/pii/S0096300303008762
https://linkinghub.elsevier.com/retrieve/pii/S0096300303008762
https://linkinghub.elsevier.com/retrieve/pii/S0045782599000183
https://linkinghub.elsevier.com/retrieve/pii/S0045782599000183
https://linkinghub.elsevier.com/retrieve/pii/S0045782599000183
https://www.ajol.info/index.php/jasem/article/view/217561
https://www.ajol.info/index.php/jasem/article/view/217561
https://www.ajol.info/index.php/jasem/article/view/217561
https://www.ajol.info/index.php/jasem/article/view/217561
https://www.ajol.info/index.php/jasem/article/view/217561
https://sumut.bps.go.id/statictable/2022/03/25/2763/kasus-kumulatif-COVID-19-menurut-kabupaten-kota-2021.html
https://sumut.bps.go.id/statictable/2022/03/25/2763/kasus-kumulatif-COVID-19-menurut-kabupaten-kota-2021.html
https://sumut.bps.go.id/statictable/2022/03/25/2763/kasus-kumulatif-COVID-19-menurut-kabupaten-kota-2021.html
https://sumut.bps.go.id/statictable/2022/03/25/2763/kasus-kumulatif-COVID-19-menurut-kabupaten-kota-2021.html
https://www.sciencedirect.com/science/article/pii/B9780128244098000096
https://www.sciencedirect.com/science/article/pii/B9780128244098000096

	Introduction
	Homotopy Perturbation Method and Mathematical SEIR Model
	Homotopy
	Homotopy Perturbation Method
	SEIR Model

	MATHEMATICAL RESULTS
	Reproduction Number Ratio (R0)
	Application of the Homotopy Perturbation Method to the Compartmental Disease SEIR Model
	Simulation

	Conclusion

