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Stability and Sensitivity Analysis of Parameters in the SEIR-ASEI
Model for the Transmission of Dengue Fever

Euis Aprianti1,∗ and Sonia Sonia1

1Department of Mathematics, Universitas Pamulang, Banten 42183, Indonesia

ABSTRACT. Dengue fever, which is transmitted by female Aedes mosquitoes, is caused by the dengue virus and
remains a significant health challenge in tropical countries, including Indonesia. This study developed an SEIR-ASEI
type dengue fever transmission model by considering the aquatic phase of mosquitoes and incorporating logistic
growth factors in aquatic sub-population. This study aims to analyze the stability of the model using the Vieta
Theorem, and the Castillo-Chavez and Song Theorem through a bifurcation approach. The developed model has
two equilibrium points, namely, the disease-free equilibrium point and the endemic equilibrium point. The stability
of each equilibrium point depends on the value of the basic reproduction number, which is determined through the
next-generation matrix. WhenR0 is less than one, the disease-free equilibrium remains locally asymptotically stable.
Conversely, stability of the endemic state is assured whenR0 exceeds one. An analysis of parameter sensitivity, using
values associated with Aedes aegypti, was conducted to determine the factors that have the most significant impact
on disease transmission dynamics. The analysis results showed that adult mosquito mortality was the most sensitive
parameter, but parameters in the aquatic phase also influenced changes in the basic reproduction number. Increasing
aquatic mortality or reducing mosquito breeding sites could lower the R0 value, potentially reducing transmission
rates. Therefore, controlling aquatic mosquitoes is an essential strategy in sustainable dengue prevention and control
efforts.

This article is an open access article distributed under the terms and conditions of the Creative Commons
Attribution-NonComercial 4.0 International License. Editorial of JJBM: Department of Mathematics, Uni-
versitas Negeri Gorontalo, Jln. Prof. Dr. Ing. B. J. Habibie, Bone Bolango 96554, Indonesia.

1. Introduction

Dengue fever is an infectious disease caused by one of four
serotypes of dengue virus (DENV 1, DENV 2, DENV 3, and DENV
4). Transmission of the virus to humans occurs through the bite
of female Aedes mosquitoes (subgenus Stegomyia). Among these
species, Aedes aegypti is the primary vector in spreading out-
breaks in tropical and subtropical regions [1]. The classic symp-
toms of dengue fever are high fever lasting five to seven days and
bright red petechiae appearing at the end of the fever [2]. This
disease can cause death in a short time and has the potential to
cause an epidemic [3].

The data in Figure 1 were obtained from the official web-
site of the Ministry of Health of the Republic of Indonesia, which
contains information on the number of cases and deaths due to
dengue in Indonesia during the period 2020–2024. Figure 1a
shows that the number of dengue cases decreased sharply in
2021, but increased again in 2022. In 2023, there was a slight
decrease, but in 2024, the number of cases jumped significantly
to 257,271, the highest number during the five-year observation
period. Meanwhile, Figure 1b shows that the number of deaths
due to dengue fluctuates from year to year. In 2020, there were
747 deaths, then decreased slightly to 705 deaths in 2021. How-
ever, in 2022, there was a sharp increase to 1,237 deaths. The
number decreased again in 2023 to 894 deaths, before finally
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Figure 1. Dengue cases and deaths in Indonesia

surging again in 2024 with 1,461 deaths, which was also the high-
est death toll in the past five years. In 2024, Indonesia also ac-
counted for 66% of all dengue fever deaths in Asia and has the
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Figure 2. SEIR-ASEI compartment diagram for dengue fever transmission

highest number of cases in the ASEAN region [4]. This pattern in-
dicates that dengue fever remains a serious public health problem
in Indonesia. Fluctuations in cases are influenced by various fac-
tors, including climate, which contributes to the high incidence
of dengue fever [5].

Research on dengue fever has also been conducted in var-
ious fields of science, one of which is mathematics through the
application of mathematical models. Multiple models that repre-
sent the dynamics of disease spread have been developed, in-
cluding the SIR (susceptible–infectious–recovered) model used
to study the spread of dengue fever [6]. However, because the
dengue virus requires an incubation period before spreading,
around 8-10 days after the dengue virus infects an individual [7],
the model can be modified into an SEIR model by adding an ex-
posed sub-population [8]. This model only considers the adult
phase of mosquitoes, whereas the mosquito life cycle consists
of two main phases, the aquatic phase and the adult phase [9].
The model that explicitly considers the existence of the aquatic
phase is the one developed by Inayah et al., as this phase signif-
icantly influences the adult mosquito population [10]. However,
this model does not account for the environmental carrying ca-
pacity of the mosquito population during the aquatic phase.

Therefore, in this study, the authors modified the SEIR–SEI
model studied by Bano [8] by adding an aquatic phase and con-
sidering the environmental carrying capacity in that phase. The
analysis conducted on the modified model included fixed-point
stability analysis and sensitivity analysis. Furthermore, numerical
simulations were conducted, including bifurcation simulations,
population dynamics simulations, and sensitivity simulations to
parameters in the aquatic phase by varying their values to iden-
tify their influence on the spread of dengue fever.

2. Model Formulation
This model includes two types of population, human and

mosquito. The human population is divided into four sub-
population, namely Sh as a susceptible human sub-population

that is healthy but can be infected through mosquito bites, Eh

as a human sub-population that has been exposed to the virus
but has not shown symptoms and is not yet infectious, Ih as a
human sub-population that is infected and can transmit the virus
tomosquitoes, andRh as a human sub-population that has recov-
ered with the assumption of having permanent immunity. Mean-
while, the mosquito population consists of two phases, namely
the aquatic phase and the adult phase (imago). In the aquatic
phase, Av includes the stages of eggs, larvae, and pupa. Fur-
thermore, in the adult phase, there are three sub-population,
namely Sv as healthy adult mosquitoes that can be infected, Ev

as mosquitoes that have been exposed to the virus but cannot yet
transmit it, and Iv as mosquitoes that are infective and capable
of transmitting the virus to humans. However, mosquitoes never
recover from infection due to their relatively short lifespan [11].

Based on Figure 2, the movement between compartments
is depicted by arrows, while the cross-transmission interaction
between humans and mosquitoes is shown by dashed arrows. In
the human population, each natural birth is assumed to produce
a new individual entering the susceptible sub-population (Sh),
and the natural birth rate is assumed to be equal to the natural
death rate so that the total human population is constant over
time

(
dNh

dt = 0
)
. Some susceptible individuals acquire immu-

nity through vaccination at a rate of p and move to the recovered
sub-population (Rh). Susceptible individuals can be exposed to
the virus through the bite of an infected mosquito and subse-
quently move to the exposed sub-population (Eh) at a rate of
Cvh, which is the product of the probability of virus transmis-
sion from infected mosquitoes to susceptible humans and the
average mosquito bite rate. After the incubation period ends,
exposed individuals move to the infected sub-population (Ih),
where they begin to show symptoms and can transmit the virus
to mosquitoes that bite them. Furthermore, infected individuals
can recover and move into the recovered sub-population at a rate
of γh, while natural deaths can occur in each sub-population at a
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rate of µh.
In the aquatic sub-population Av, the population growth

rate follows a logistic growth pattern that describes the dynam-
ics of a population that initially experiences rapid growth, but
slows down as the population density increases until it reaches
the maximum environmental capacity [12]. The growth rate of
the aquatic phase is determined by the reproduction of adult fe-
male mosquitoes with an oviposition rate of θ, which is the num-
ber of eggs produced by adult mosquitoes per unit time in each
sub-population. The growth rate of the aquatic phase is also lim-
ited by the environmental carrying capacity of δNh. The factor

1 − Av

δNh
represents a density-limiting mechanism, so that the

larger the aquatic population, the growth rate will decrease due
to resource limitations. Furthermore, mosquitoes in the aquatic
sub-population will develop into healthy adults at a rate of ω and
move to the susceptible sub-population (Sv), while others expe-
rience natural death at a rate of µA. In the adult phase, suscepti-
ble mosquitoes can become infected and subsequently move to
the exposed sub-population (Ev) at a rate of Chv, which is the
product of the probability of virus transmission from an infected
human to a susceptible mosquito and the average mosquito bite
rate. After the incubation period ends, the exposed mosquitoes
move to the infected sub-population (Iv), where they become in-
fective and capable of transmitting the virus to humans. Natural
mortality in mosquitoes can occur in each sub-population at a
rate of µv.

Based on the explanation above, the system formed is as
follows.

dSh

dt
= µhN

h −
(
µh + p+

Cvh

Nh
Iv
)
Sh,

dEh

dt
=

Cvh

Nh
IvSh − (Teh + µh)E

h,

dIh

dt
= TehE

h − (γh + µh)I
h,

dRh

dt
= pSh + γhI

h − µhR
h,

dAv

dt
= θ

(
1− Av

δNh

)
(Sv + Ev + Iv)− (ω + µA)A

v,

dSv

dt
= ωAv −

(
µv +

Chv

Nh
Ih

)
Sv,

dEv

dt
=

Chv

Nh
IhSv − (Tev + µv)E

v,

dIv

dt
= TevE

v − µvI
v,

(1)

assuming that all parameters are positive, as defined in Table 1.
The total human population is expressed as Nh = Sh + Eh +
Ih+Rh, and the total mosquito population is expressed asNv =
Sv + Ev + Iv.

Before proceeding with further analysis, the model will be
simplified by defining non-dimensional variables to reduce the
number of parameters and to facilitate the analytical process, as
follows:

sh =
Sh

Nh
, eh =

Eh

Nh
, ih =

Ih

Nh
, rh =

Rh

Nh
, av =

Av

Nv
,

sv =
Sv

Nv
, ev =

Ev

Nv
, iv =

Iv

Nv
, n =

Nv

Nh
.

So that sh + eh + ih + rh = 1 and sv + ev + iv = 1. If all
non-dimensional variables are substituted into system (1), then
the system of equations will be as follows:

dsh
dt

= µh − (µh + p+ nCvhiv)sh,

deh
dt

= nCvhivsh − (Teh + µh)eh,

dih
dt

= Teheh − (γh + µh)ih,

drh
dt

= psh + γhih − µhrh,

dav
dt

= θ
(
1− avn

δ

)
− (ω + µA)av,

dsv
dt

= ωav − (µv + Chvih)sv,

dev
dt

= Chvihsv − (Tev + µv)ev,

div
dt

= Tevev − µviv.

The variable rh does not affect the other equations, so the system
(1) can be written as follows:

dsh
dt

= µh − (µh + p+ nCvhiv)sh,

deh
dt

= nCvhivsh − (Teh + µh)eh,

dih
dt

= Teheh − (γh + µh)ih,

dav
dt

= θ
(
1− avn

δ

)
− (ω + µA)av,

dsv
dt

= ωav − (µv + Chvih)sv,

dev
dt

= Chvihsv − (Tev + µv)ev,

div
dt

= Tevev − µviv.

(2)

The reduced system obtained above is completed with the fol-
lowing initial conditions:

sh(0) ≥ 0, eh(0) ≥ 0, ih(0) ≥ 0, av(0) ≥ 0, sv(0) ≥ 0,

ev(0) ≥ 0, iv(0) ≥ 0,

with

sh(0) + eh(0) + ih(0) ≤ 1,

av(0) ≤ 1,

sv(0) + ev(0) + iv(0) = 1.

Next, system (2) will be used for analysis.

3. Analytical Results
3.1. Equilibrium Point

The equilibrium condition for system (2) arises by setting
the time derivatives to zero and analyzing the resulting system of
equations [13]. Thus, two equilibrium points are obtained: the
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disease-free equilibrium point when no infection circulates in the
population, which is stated a

S∗ =

(
µh

p+ µh
, 0, 0,

δθ

nθ + δω + δµA
,

δθω

(nθ + δω + δµA)µv
, 0, 0

)
,

and the endemic equilibrium, which corresponds to the condi-
tion where the disease persists in the population and is denoted
by S∗∗. These values are given by

s∗h =
TehChvµh + (Teh + µh)(γh + µh)µv

nTevδθωCvh + (nθ + δω + δµA)(p+ µh)µv(Tev + µv)

× µv(nθ + δω + δµA)(Tev + µv)

TehChv
,

e∗h =
1

nTevδθωCvh + (nθ + δω + δµA)(p+ µh)µv(Tev + µv)

×

[
nTehTevδθωChvCvhµh

TehChv(Teh + µh)
− µ2

v(γh + µh)(Tev + µv)

TehChv(Teh + µh)

× (nθ + δω + δµA)(p+ µh)(Teh + µh)

]
,

i∗h =
1

nTevδθωCvh + (nθ + δω + δµA)(p+ µh)µv(Tev + µv)

×

[
nTehTevδθωChvCvhµh

chv(Teh + µh)(γh + µh)
− µ2

v(γh + µh)(Tev + µv)

chv(Teh + µh)(γh + µh)

× (nθ + δω + δµA)(p+ µh)(Teh + µh)

]
,

a∗ν =
δθ

nθ + δω + δµA
,

s∗ν =
nTevδθωcvh + (nθ + δω + δµA)(p+ µh)µv(Tev + µv)

TehChvµh + (Teh + µh)(γh + µh)µv

× (Teh + µh)(γh + µh)

nTevCvh(nθ + δω + δµA)
,

e∗ν =
1

TehChvµh + (Teh + µh)(γh + µh)µv

×

[
nTehTevδθωChvCvhµh

nTevCvh(nθ + δω + δµA)(Tev + µv)

− (nθ + δω + δµA)(p+ µh)(Teh + µh)

nTevCvh(nθ + δω + δµA)(Tev + µv)

× µ2
v(γh + µh)(Tev + µv)

]
,

i∗ν =
1

µv(Tev + µv)(TehChvµh + (Teh + µh)(γh + µh)µv)

×

[
nTehTevδθωChvCvhµh

nCvh(nθ + δω + δµA)
− µ2

v(γh + µh)(Tev + µv)

nCvh(nθ + δω + δµA)

× (nθ + δω + δµA)(p+ µh)(Teh + µh)

]
.

3.2. Basic Reproduction Number
From an epidemiological perspective, the basic reproduc-

tion number (R0) denotes the expected number of new infec-
tions generated by one infectious case in a population where ev-

eryone is susceptible. This parameter is crucial in evaluating the
potential for disease spread and is obtained through the next-
generation matrix approach [14].

Based on the system (2), there are four disease compart-
ments, namely eh, ih, ev, and iv. So the rate of appearance of
new infectious individuals and the rate of transfer or removal of
non-infectious individuals in compartment i are given as follows:

Fi =


nCvhivsh

0
Chvihsv

0

 , Vi =


(Teh + µh)eh

(γh + µh)ih − Teheh
(Tev + µv)ev
µviv − Tevev

 .

Thus, the new infection rate matrix F and the transition matrix V
are evaluated at the disease-free equilibrium point as follows:

F =


0 0 0 nCvh

(
µh

p+ µh

)
0 0 0 0

0 Chv

(
δθω

(nθ + δω + δµA)µv

)
0 0

0 0 0 0

 ,

V =


Teh + µh 0 0 0

−Teh γh + µh 0 0

0 0 Tev + µv 0

0 0 −Tev µv

 .

Thus, the next-generation matrix is obtained.

FV −1 =


0 0 a1,3 a1,4
0 0 0 0

a3,1 a3,2 0 0
0 0 0 0

 ,

with

a1,3 =
nCvhTevµh

(p+ µh)µv(Tev + µv)
,

a1,4 =
nCvhµh

(p+ µh)µv
,

a3,1 =
δθωchv(TehTevµv + Tehµ

2
v)

(nθ + δω + δµA)(Teh + µh)(γh + µh)µ2
v(Tev + µv)

,

a3,2 =
δθωchv

(nθ + δω + δµA)(γh + µh)µv
.

The largest non-negative eigenvalue of the next-generation
matrix is defined as the basic reproduction number, that is,

R0 =

√
nδθωChvCvhTehTevµh

(nθ + δω + δµA)(p+ µh)(Teh + µh)(γh + µh)µ2
v(Tev + µv)

.

3.3. Stability Analysis of Disease-Free Equilibrium Point

Theorem 1. The disease-free equilibrium point S∗ in the system
(2) is locally asymptotically stable ifR0 < 1 and unstable ifR0 >
1.

Proof. The proof of Theorem 1 uses the linearization of the non-
linear system around a disease-free equilibrium point [15]. The
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Jacobian matrix obtained is as follows:

J =



j1 0 0 0 0 0 j2
0 j3 0 0 0 0 j4
0 Teh j5 0 0 0 0
0 0 0 j6 0 0 0
0 0 j7 ω −µv 0 0
0 0 j8 0 0 j9 0
0 0 0 0 0 Tev −µv


,

j1 = − (µh + p), j2 = −nCvhµh

p+ µh
,

j3 = − (Teh + µh), j4 =
nCvhµh

p+ µh
,

j5 = − (γh + µh), j6 = −
(
θn

δ
+ ω + µA

)
,

j7 = − Chvδθω

(nθ + δω + δµA)µv
, j8 =

Chvδθω

(nθ + δω + δµA)µv
,

j9 = − (Tev + µv).

The eigenvalues (λ) of the Jacobian matrix J are obtained by
solving |λI − J| = 0 to obtain two negative eigenvalues, namely
λ1 = −µv, λ2 = −(µh + p), λ3 = −

(
θn
δ + ω + µA

)
and the

characteristic equation:

λ4 + a1λ
3 + a2λ

2 + a3λ+ a4 = 0 (3)

with

a1 = Tev + 2µv + γh + 2µh + Teh > 0,

a2 = (γh + µh)(Tev + µv) + (Teh + µh + µv)(Tev + µv + γh

+ µh) + µv(Teh + µh) > 0,

a3 = (Teh + µh + µv)(γh + µh)(Tev + µv) + µv(Teh

+ µh)(Tev + µv + γh + µh) > 0,

a4 = µv(Teh + µh)(γh + µh)(Tev + µv)
[
1−R2

0

]
.

The coefficient a4 in the characteristic equation above can be
negative, zero, or positive depending on the value of R0. If
R0 < 1, then the coefficient a4 is positive. If R0 = 1, then
the coefficient of a4 is equal to zero. But if R0 > 1, then the
coefficient of a4 is negative.

Based on the nature of the roots of the quartic equation for
eq. (3), four conditions are obtained which must be met based on
Vieta’s theorem [16], namely:

λ4 + λ5 + λ6 + λ7 = − a1,

λ4λ5 + λ4λ6 + λ4λ7 + λ5λ6 + λ5λ7 + λ6λ7 = a2,

λ4λ5λ6 + λ4λ5λ7 + λ4λ6λ7 + λ5λ6λ7 = − a3,

λ4λ5λ6λ7 = a4,

by simplifying and considering the values of a1, a2, a3, and a4,
the above equation becomes:

λ4 + λ5 + λ6 + λ7 < 0, (4)

λ4λ5 + λ4λ6 + λ4λ7 + λ5λ6 + λ5λ7 + λ6λ7 > 0, (5)

λ4λ5(λ6 + λ7) + λ6λ7(λ4 + λ5) < 0. (6)

When R0 < 1, then
λ4λ5λ6λ7 > 0. (7)

Based on eqs. (4) and (7), four eigenvalues are obtained, with
two or four negative to meet the requirements in the equation.
Suppose λ4 and λ5 are negative, then the stability can be seen
from λ6 and λ7. Since λ4 < 0 and λ5 < 0 then we obtain λ4λ5 >
0 and λ4 + λ5 < 0. If we assume λ6 < 0 and λ7 < 0 then we
obtain

λ4λ5(λ6 + λ7) < 0 and λ6λ7(λ4 + λ5) < 0,

which satisfy eq. (6). If we suppose λ6 > 0 and λ7 > 0, then we
obtain

λ4λ5(λ6 + λ7) > 0 and λ6λ7(λ4 + λ5) < 0,

So, there is not enough evidence to prove that the equation can
satisfy eq. (6). So eq. (6) can be satisfied if λ6 and λ7 are negative,
so the disease-free equilibrium point S∗ is locally asymptotically
stable if R0 < 1.

While when R0 > 1, then

λ4λ5λ6λ7 < 0. (8)

eq. (8) holds if there is one or three negative eigenvalues. Thus,
there is at least one positive eigenvalue. Thus, the disease-free
equilibrium point S∗ is unstable if R0 > 1.

3.4. Stability Analysis of Endemic Equilibrium Point

Theorem 2. The endemic equilibrium point S∗∗ in the system (2)
is locally asymptotically stable if R0 > 1.

Proof. The proof of Theorem 2 will use the Castillo-Chaves and
Song Theorem with a bifurcation approach [17]. Suppose Cvh

is chosen as the bifurcation parameter and x1 = sh, x2 = eh,
x3 = ih,x4 = av, x5 = sv, x6 = ev, x7 = iv. So system (2)
becomes:

g1 = µh − (µh + p+ nCvhx7)x1,

g2 = nCvhx7x1 − (Teh + µh)x2,

g3 = Tehx2 − (γh + µh)x3,

g4 = θ
(
1− x4n

δ

)
− (ω + µA)x4,

g5 = ωx4 − (µv + Chvx3)x5,

g6 = Chvx3x5 − (Tev + µv)x6,

g7 = Tevx6 − µvx7

(9)

When R0 = 1 then

Cvh =
µ2
v(p+ µh)(Teh + µh)(γh + µh)(Tev + µv)

nδθωChvTehTevµh

× (nθ + δω + δµA)

= C∗
vh.

So the Jacobian matrix of system (9) on S∗ with the value
Cvh = C∗

vh will produce three eigenvalues, namely λ1 = −µv,
λ2 = −(µh + p), λ3 = −

(
θn
δ + ω + µA

)
, λ4 = 0, and the char-

acteristic equation λ3 + a1λ
2 + a2λ + a3 = 0 with a1, a2, a3

positive. The other three eigenvalues of the characteristic equa-
tion are obtained by solving the equation using Vieta’s theorem
[16].
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Table 1. List of model parameters

Parameter Definition Value Unit Reference
µh Human birth/death rate 0.0286 1/day [18] [19]
p Effectiveness of dengue vaccine 0.00027 1/day [20]

Cvh The chance of susceptible humans being exposed to the dengue virus
from infected mosquitoes

0.35 × 0.75 1/day [21][22]

Teh Inverse of the intrinsic incubation period 1/15 1/day [23]
γh Recovery rate of infected humans 1/7 1/day [24]
ω The rate of change of aquatic mosquitoes into adult mosquitoes 1/11 1/day [25]
µA Natural mortality rate of mosquitoes in the aquatic stage 0.01 1/day [26]
θ Oviposition rate 30 1/day [26]
δ Mosquito larvae capacity per human 3 larvae/individual [21]
µv Mortality rate of adult mosquitoes 1/9.5 1/day [27]
Chv The chance of a susceptible mosquito being exposed to the dengue

virus from an infected human
0.35 × 0.4 1/day [21] [22]

Tev Inverse of the extrinsic incubation period 1/5.9 1/day [23]

Based on the properties of the roots of the simplified cubic
equation, we obtain

λ5 + λ6 + λ7 < 0, (10)

λ5(λ6 + λ7) + λ6λ7 > 0, (11)

λ5λ6λ7 < 0. (12)

eq. (12) is obtained from three eigenvalues with one or three
negative eigenvalues. Suppose λ5 is negative, then λ6λ7 > 0.
eq. (11) can be satisfied if λ6 + λ7 < 0. So, the result of the two
conditions is λ6 < 0 and λ7 < 0. So, the first assumption of
the Castillo-Chaves and Song Theorem is satisfied, namely that
one simple zero eigenvalue and the others are negative absolute
values.

In addition, the zero eigenvalue is related to the matrix J,
which has a right eigenvector and a left eigenvector. The right
eigenvector corresponding to the zero eigenvalue is obtained as
follows.

u =



−
nCvhµh

(p+ µh)2
u7

nCvhµh

(p+ µh)(Teh + µh)
u7

TehnCvhµh

(γh + µh)(p+ µh)(Teh + µh)
u7

0

−
Chv δθωTeh nCvhµh

(nθ + δω + δµA)µ2
v (γh + µh)(p+ µh)(Teh + µh)

u7

ChvδωTehnCvhµh

(nθ + δω + δµA)µv(Tev + µv)(γh + µh)(p+ µh)(Teh + µh)
u7

u7



.

Since all parameters are positive and assume u7 > 0, then it is
obtained that u1 < 0, u2 > 0, u3 > 0, u4 = 0, u5 < 0 and u6 >
0. The left eigenvector corresponding to the zero eigenvalue is
obtained as follows.

v =



0
Teh

Teh + µh
v3

v3
0
0

TevnCvhµhTeh

µv(Tev + µv)(p+ µh)(Teh + µh)
v3

nCvhµhTeh

µv(p+ µh)(Teh + µh)
v3


.

Since all parameters are positive and assume v3 > 0, it is ob-
tained that v1 = v4 = v5 = 0, v2 > 0, v6 > 0 and v7 > 0. Fur-
thermore, based on system (9), the second-order partial deriva-
tives are obtained:

∂2g1(S
∗, C∗

vh)

∂x1∂x6
=

∂2g1(S
∗, C∗

vh)

∂x6∂x1
= −nC∗

vh,

∂2g2(S
∗, C∗

vh)

∂x1∂x6
=

∂2g2(S
∗, C∗

vh)

∂x6∂x1
= nC∗

vh,

∂2g4(S
∗, C∗

vh)

∂x3∂x4
=

∂2g4(S
∗, C∗

vh)

∂x4∂x3
= −Chv,

∂2g5(S
∗, C∗

vh)

∂x3∂x4
=

∂2g5(S
∗, C∗

vh)

∂x4∂x3
= Chv,

∂2g1(S
∗, C∗

vh)

∂x6∂Cvh
= −

(
nµh

p+ µh

)
,

∂2g2(S
∗, C∗

vh)

∂x6∂Cvh
=

nµh

p+ µh

Next, the values of a and b obtained are as follows.

a =

6∑
k,i,j=1

vkuiuj
∂2gk(S

∗, C∗
vh)

∂xi∂xj

= 2v2u1u7nC
∗
vh + 2v6u3u5Chv < 0,

b =

6∑
k,i,j=1

vkui
∂2gk(S∗, C∗

vh)

∂xi∂Cvh

= v2u7

(
nµh

p+ µh

)
> 0

The obtained values of a and b correspond to one of the
Castillo-Chaves and Song Theorem cases. This shows that when
the bifurcation parameter Cvh changes from Cvh < C∗

vh(R0 <
1) toCvh > C∗

vh(R0 > 1), there is a change in the endemic fixed
point S∗∗, namely from negative to positive and locally asymp-
totically stable.

3.5. Parameter Determination
The parameter values used in the sensitivity analysis and

numerical simulations were obtained from various sources and
assumptions, with a focus on the Aedes aegyptimosquito species.
These parameters are listed in Table 1.

The human birth rate µh is calculated based on the crude
birth rate [28], which shows that there are approximately 0.0286
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births per 1,000 inhabitants per day in Indonesia in 2023. This
estimate refers to the number of live births of 2,871,646 people
and the mid-year population of 278,696.2 thousand people.

A systematic review found that female Aedes aegypti
mosquitoes can bite humans between 0.35 and 0.41 times per
day, depending on geographic location and environmental condi-
tions. The time between a person being infected with the dengue
virus (through the bite of an infected mosquito) and the appear-
ance of the first clinical symptoms is the intrinsic incubation pe-
riod (IIP). Meanwhile, the extrinsic incubation period (EIP) is the
time required for the dengue virus to develop in the mosquito’s
body, from when the mosquito takes a blood meal from an in-
fected human until it becomes capable of transmitting the virus
to another human [29]. Based on research results from Chan and
Johansson in 2012 [23], the estimated average IIP is 5.9 days, with
95% of the IIP estimated to occur between days 3 and 10. The 95%
EIP lasts between 5 and 33 days, with an average of 15 days.

The rate of change of mosquitoes from egg to adult is cal-
culated as the inverse of the number of days required to reach
that phase [30]. The length of time from egg to adult Aedes aegypti
mosquito is highly dependent on environmental temperature and
food availability. However, in general, the development time of
Aedes aegypti from egg to adult is around 7-11 days [25]. The mor-
tality rate of mosquitoes can be calculated as the inverse of the
mosquito’s life expectancy [31]. Based on research by Agustin et
al. in 2017 [27] regarding the life cycle of Aedes aegypti in water
hyacinth air-soaked media, adult mosquitoes can live a minimum
of 3 days and a maximum of 16 days with an average life span of
9.5 days.

3.6. Sensitivity Analysis
Sensitivity index calculations are performed to determine

the degree towhich a parameter influences system dynamics [32].
The following shows one of the results of a calculation of the sen-
sitivity index for the parameter δ against the basic reproduction
number R0.

γR0

δ =
∂R0

∂δ
× δ

R0
=

nθ

2(nθ + δ(µA + ω))
(13)

If eq. (13) is evaluated using the parameter values in Table 1, the
index value obtained is 0.495005. This sensitivity index indicates
the magnitude of the relative change in the basic reproduction
number resulting from variations in related parameters. The fol-
lowing presents the sensitivity index for each parameter in the
model.

Table 2. Sensitivity index

Parameter Sensitivity Index
µv -1.19156
Cvh 0.5
Chv 0.5
ω 0.4955
δ 0.495005
γh -0.416597
µh -0.228832
Tev 0.191558
Teh 0.150105
θ 0.00499505
p -0.00467613
µA -0.000495005

Based on Table 2, the positive sensitivity indices are
Cvh, Chv, ω, δ, Tev, Teh and θ, meaning that an increase in the
value of these parameters increases the value of R0, and vice
versa. Meanwhile, the sensitivity indices with negative values
are µv, γh, µh, p and µA, meaning that an increase in the value
of these parameters results in a decrease in the value ofR0, and
vice versa.

The sensitivity analysis results show that the parameter
that most dominantly influences changes in the basic reproduc-
tion number (R0) is the mortality rate of adult mosquitoes (µv).
This parameter has a negative sensitivity index, indicating that an
increase in µv will decrease the number of infections, while a de-
crease in µv will increase it. The same is true for the natural mor-
tality rate of aquatic mosquitoes (µA), which also has a negative
sensitivity index. This means that an increase in µA can reduce
the population of aquatic mosquitoes, thereby reducing the num-
ber of adult mosquitoes and the potential for virus transmission.
Interventions that can be implemented to increase mosquito lar-
val mortality include the use of biolarvicides and employing nat-
ural predators like larva-eating fish. For adult mosquitoes, this
can be achieved through fumigation to kill mosquitoes flying or
landing in the surrounding environment.

Several other parameters in the aquatic phase that have
a linear effect on the basic reproduction number are the rate
of transformation of aquatic mosquitoes into adults (ω) and the
capacity of mosquito larvae per person (δ). Reducing either of
these parameters, while holding the others constant, will reduce
the basic reproduction number and the rate of dengue transmis-
sion. This suggests that controlling the aquatic phase is neces-
sary, for example, through the use of insecticides or larvicides
with growth-inhibiting effects, which disrupt larval metamorpho-
sis and prevent them from becoming adults. Furthermore, ef-
fective environmental management is crucial to reducing larval
breeding habitats. These findings align with research by Kleden
et al. (2023), which demonstrated that household environmen-
tal factors and community behaviors, including the habit of not
emptying water reservoirs and a lack of participation in ecologi-
cal cleanliness activities, significantly increase the risk of dengue
fever [33]. Therefore, interventions in the aquatic phase through
ecological management and vector control are key strategies for
suppressing mosquito populations and reducing the rate of dis-
ease transmission.

The sensitivity analysis results show that the vaccination
rate (p) and the recovery rate of infected individuals (γh) both
have negative sensitivity indices to the basic reproduction num-
ber (R0). This negative sensitivity index value indicates that an
increase in both parameters contributes to a decrease in the value
of R0, resulting in a lower disease transmission rate. This find-
ing aligns with research conducted by Blante et al. (2024), which
shows that an increase in the recovery rate can reduce the value
of R0 in a dengue transmission model [34]. In addition, these
results are also consistent with Kamalia and Aldila (2025), who
stated that vaccine effectiveness plays a crucial role in suppress-
ing disease spread by reducing the basic reproduction number
[35]. Thus, increasing the vaccination rate can directly reduce
the potential for transmission, while increasing the recovery rate
of individuals accelerates the population’s recovery from infec-
tion. Furthermore, increasing the recovery rate of the commu-
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nity, due to natural immunity, vaccination, or the effectiveness
of treatment, can accelerate the recovery of the general popula-
tion from a dengue outbreak.

4. Numerical Results
4.1. Bifurcation Simulation

The proof of Theorem 2 it is found that there is a bifurca-
tion in system (2), namely a change in the qualitative structure
of the system when the bifurcation parameter passes its critical
value [36]. To support and compare the results of the theoretical
analysis, a numerical simulation was performed using the param-
eter values listed in Table 1. This simulation aims to describe the
relationship between the basic reproduction number (R0) on the
x-axis and the proportion of the human population infected in
endemic conditions (i∗h) on the y-axis.

Figure 3. Bifurcation Curve

(a) Human population proportion dy-
namics

(b) Mosquito population proportion dy-
namics

Figure 4. Population proportion dynamics of humans and
mosquitoes

Figure 3 shows that for R0 < 1, the i∗h value is neg-
ative and therefore biologically meaningless. However, when
R0 > 1, the i∗h value becomes positive and increases with in-

creasing R0, indicating that the disease can persist in the popu-
lation. These changes indicate the presence of a transcritical bi-
furcation, where the system transitions from a disease-free state
to a stable endemic state when the parameter value passes the
critical point R0 = 1.

4.2. Population Dynamics Simulation
In this section, a numerical simulation is performed to illus-

trate the dynamics of changes in the proportions of each popula-
tion until a stable condition is reached. The simulation uses the
parameter values listed in Table 1, with the basic reproduction
number obtained greater than one, namely R0 = 1.67793. In
this simulation, it is assumed that at the initial time (t = 0) there
are no infected human individuals, while 20% of the mosquito
population has been infected with the dengue virus. In addition,
the initial value of the proportion of the mosquito population in
the aquatic phase is set at av(0) = 1, which indicates that at the
start of the simulation, the mosquito population in the aquatic
phase is at its maximum capacity relative to its environment.

Based on Figure 4a, it can be seen that the proportion
of the susceptible human population decreased at the begin-
ning of the simulation due to dengue virus infection from in-
fected mosquitoes. This condition caused an increase in the
proportion of humans in the exposed and infected phases
at the beginning of the simulation. Over time, the pro-
portions of the exposed and infected human populations de-
creased towards their respective equilibrium points, namely
e∗h = 0.181098 and i∗h = 0.0704152. As a result, the propor-
tions of the susceptible and recovered human populations in-
creased again until they reached a stable state at points s∗h =
0.393052 and r∗h = 0.355435. Meanwhile, based on Fig-
ure 4b, the proportion of mosquitoes in each sub-population
is also approaching a non-zero value, which means towards
the respective endemic equilibrium point of (a∗v, s

∗
v, e

∗
v, i

∗
v) =

(0.499161, 0.954823, 0.0173082, 0.0278691). This indicates that
although the proportion of infected mosquitoes has decreased,
the infection has not entirely disappeared from the population.

Thus, the results of this simulation are consistent with The-
orem 2, which states that when the basic reproduction number,
R0, is greater than 1, the system will reach an endemic equilib-
rium, a condition in which the disease persists in the population
for an extended period with a stable infection rate.

4.3. Simulation of the Effects of Changing Parameter δ
In this section, the parameter value δ, representing the ca-

pacity of mosquito larvae per human, is varied, with the changes
in value shown in Table 3.

Table 3. Parameter value change δ

Parameter Value δ ConditionR0

3 1.67793

2 1.37041

1 0.969296

Table 3 shows the effect of changing the parameter value of
δ on the basic reproduction numberR0. It can be seen that when
δ = 3,R0 > 1, indicating that the disease can spread and persist
in the population. When the value of δ is reduced to 2, the basic
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(a) Exposed humans (b) Infected humans

(c) Exposed mosquitoes (d) Infected mosquitoes

Figure 5. Population proportion dynamics of exposed humans, infected humans, exposed mosquitoes, and infected mosquitoes due to
changes in parameter values δ

reproduction number decreases, but still indicates the potential
for disease spread. Furthermore, when δ is reduced to 1, the
value of R0 becomes less than one, i.e., R0 < 1, indicating that
the disease cannot persist and will eventually disappear from the
population. Next, simulations were performed on exposed and
infected sub-population within the human and mosquito popula-
tions to further analyze the effect of variations in the parameter
value δ on the dynamics of disease spread.

Figure 5 illustrates the impact of changes in the parame-
ter value δ on the dynamics of the proportions of human and
mosquito populations in four sub-population: exposed humans,
infected humans, exposed mosquitoes, and infected mosquitoes.
In all sub-graphs, it can be seen that increasing the value of δ
causes an increase in the proportion of exposed and infected in-
dividuals, both in the human and mosquito populations. When
δ = 3, the proportion of exposed and infected is higher than
when δ = 2 and δ = 1. Conversely, at smaller values of δ, the sys-
tem reaches a stable state with a lower proportion of infections.
Even in this model, when the parameter value δ is reduced to
1, meaning that each human only supports about one mosquito
larva, the mosquito population reaches a disease-free state on
the 300th day. In contrast, the human population reaches a
disease-free state on the 600th day. Biologically, these results
indicate that the higher the larval capacity per human (the higher
δ), the greater the potential for growth the mosquito population,
thus increasing the risk of dengue transmission. Therefore, the
spread of dengue fever can be suppressed by reducing the capac-
ity of larvae, for example, by effective environmental manage-
ment to reduce the number of adult mosquitoes.

The simulation results are consistent with the analytical re-
sults, i.e., when the value of R0 > 1, the population will be in

an endemic condition. At the same time, when R0 < 1, the
population will be free of disease with no exposed or infected
sub-population.

5. Conclusion
This study formulates and analyzes a mathematical model

of dengue fever transmission using the SEIR-ASEI model ap-
proach. Themodel includes the SEIR compartment for the human
population and the ASEI compartment for the mosquito popu-
lation, with Aedes aegypti as the vector, considering the logistic
growth factor in the aquatic sub-population. The analysis re-
sults show that the model has two equilibrium points, namely
the disease-free and endemic equilibrium, whose local stability
depends on the value of the basic reproduction numberR0. Sta-
bility analysis shows that the disease-free equilibrium point is lo-
cally asymptotically stable when R0 < 1, indicating that disease
elimination is theoretically possible. Conversely, when R0 > 1,
the endemic equilibrium point becomes locally asymptotically
stable, indicating continued disease transmission in the popu-
lation.

The results of the bifurcation simulation also show that
changes in the R0 value trigger the transition from disease-free
to endemic conditions. Meanwhile, the results of the sensitiv-
ity analysis indicate that the adult mosquito mortality rate (µv)
is the most influential parameter on the basic reproduction num-
ber, with an inverse relationship with R0. This finding confirms
that controlling adult mosquito mortality is an essential strategy.
However, interventions in the aquatic phase are also necessary
because several parameters in this phase, including the rate of
transformation of aquatic mosquitoes into adults (ω) and the ca-
pacity of mosquito larvae per human (δ), have a linear effect on
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the basic reproduction number. Thus, mosquito larval control
and environmental management play an essential role in reduc-
ing the adult mosquito population and suppressing theR0 value,
thereby reducing the risk of dengue fever spread in an area.
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DENV : Dengue Virus
IIP : Intrinsic Incubation Period
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